In this paper, some theorems concerning the existence and uniqueness of fixed point in complete metric space are established. The results of the continuity clause we reached are introduced and some of the results we obtained are circulated.
INTRODUCTION
Fixed point theory remains a very powerful and polar tool in modern mathematics especially in existence and uniqueness considerations. The first results related to this topic appeared in the year 1922 by the Polish mathematician S. Banash 1 . The fixed point theory of mapping has been developed in metric space by many authors (see 4, 5, 13 ). Further, many mathematics worked on a contraction mappings and Banach contraction principle (see 3, 9, 12 ). R. Kannan in 11 proved that if is a self-mapping of complete metric space into itself satisfying ( , ) ≤ [ ( , ) + ( , )] for all , ∈ where ∈ (0, 1 2 ).
(1.1) Then has unique fixed point in and B. Fisher 7 proved the result with ( , ) ≤ [ ( , ) + ( , )] for all , ∈ where ∈ (0, 1 2 ).
(1.2) A similar conclusion was also obtained by R. Bhardwaj et al. 2 , S. K. Chaterjee 6 , G. E. Hardy et al. 10 and D. P. Shukla et al.
14 . In this paper we will prove some theorems on the existence and unique of the fixed point in complete metric space.
MAIN RESULTS
Theorem 2.1 Let be a complete metric space and let : → a continuous self-mapping on , suppose satisfying the condition ( ( ), ( )) ≤ 1 ( , ( )) + 2 ( , ( ))+ 3 ( , ( )) + 4 ( , ) (2.1) for all , ∈ , ≠ and for some 1 We need to prove that 1 is a unique fixed point of in , for that we let that there exists another fixed point 2 ∈ , such that 1 ≠ 2 and ( 1 ) = 1 , ( 2 ) = 2 , therefore by (2.1),
Then ( 1 , 2 ) ≤ 0, which implies that ( 1 , 2 ) = 0, so 1 = 2 and 1 is a unique fixed point of in .
Theorem 2.2 Let be a complete metric space and let 1 , 2 two continuous self-mappings on , satisfying the condition . Then 1 and 2 have a unique common fixed point. Proof. For 0 ∈ , 0 ∈ take 1 ( −1 ) = , 2 ( −1 ) = . So,
And, . Then there exist a unique 1 ∈ satisfies ∝ ( 1 ) = 1 for all ∝∈ ∆. Proof. If we repeat the same work in Theorem 2.2 but we must replace 1 and 2 by ∝ and respectively, we will get a unique point 1 ∈ which satisfies ∝ ( 1 ) = ( 1 ) = 1 . In the next theorem we will study the existences and uniqueness of a common fixed point of two mappings which are not necessarily continuous. . Suppose that 1 2 = 2 1 is continuous then 1 and 2 having unique common fixed point in .
Proof. Take = 1 ( −1 ), = 2 ( −1 ) and 1 ( −1 ) ≠ 2 ( −1 ),
by repeating this work, we get
Similarly, ( 2 +2 , 2 +1 ) ≤ (
( 1 , 0 ) (2.12) since is a Cauchy sequence let, , to the right side of (2.1), then Theorem 2.1 changes to G. E. Hardy 
APPLICATION
Gopal et al. 8 introduced the Banach's fixed point theorem as the following: 
